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A study is made of the linear stage of the parametric instability of electromagnetic surface waves guided by bi-
anisotropic composite cylinder surrounded by uniform dielectric space. A three-wave interaction between an external
time-harmonic magnetic field and the guided waves is investigated. The expression of instability increment of the sur-
face waves propagating in the opposite directions is obtained. For the some practically interesting cases numerical re-
sults are discussed.
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Introduction

Electromagnetic wave propagation in composite media has been studied extensively for a
long time because of many applications. In particular, the anisotropic composite material can be
used in the antenna techniques for manufacturing the structural elements, microwave waveguides
[1, 2] and so on. As it is known the boundary between metal and bianisotropic composite medium is
able to support the surface waves. The instability of such waves has been analyzed in [3]. Propaga-
tion and excitation of electromagnetic waves in cylindrical plasma structures aligned with an exter-
nal dc magnetic field have received much careful study [4]. Radiation of electromagnetic waves by
given sources in a cylindrically stratified gyrotropic medium described by permittivity tensor & and
permeability tensor i has been considered in [5]. The parametric instability of whistler waves guid-
ed by an axially magnetized plasma column in a dielectric space has been analyzed in [6].

Here we consider the linear stage of parametric instability of electromagnetic waves guided
by the bianisotropic composite cylinder surrounded by uniform dielectric space. The composite ma-
terial is described by the permittivity tensor & and permeability tensor zz with nonzero off-diagonal
elements. The axis of a cylinder is parallel to the gyrotropic axis of the medium. We analyzed the
dispersion characteristics of the waves guided by a cylinder. It has been shown that bianisotropic
cylinder is able to support surface waves if one of diagonal elements of any tensors £ or z (as well

as both of them) are negative. A three wave interaction can occur if the space-time condition be-
tween the external electromagnetic field and the guided waves is fulfilled [3]. The expression of the
instability increment of guided surface waves propagating in opposite directions is obtained.

Basic formulations

We take cylinder coordinate system (p,, z) with z axis is parallel to the medium gyrotropic

axis. The axis of composite cylinder with radius a is parallel to the z axis. We consider the aniso-
tropic medium which is described by the permittivity tensor £ and permeability tensor z in the fol-

lowing form

g g, O W ip, O
e=|—lg;, g 0|, p={-ig, p 0|, 1)
0 0 &g 0 0 s
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where g, =y /ﬂ , My =% /ﬁ , % 1s known parameter, which depends on the medium properties
Hq €1

and can be measure [1, 2]. The cylinder is surrounded by the uniform dielectric space with permit-
tivity ¢ .

We analyze the linear stage of parametric instability of waves, which appears in the presence
of time — harmonic magnetic field at the frequency 2w, which can be written in the region
O<p<a as

—

It can be shown that there are two types of axisymmetric surface waves are guided by the
cylinder. They are H-waves (with the componentsH,,H,E,,E,), and E-waves (with the compo-

nents E,,E,,H,,H, ). The field components of the H- waves in the linear approximation (when the

external magnetic field is absent, i.e. H, =0) can be written in the form:
p<a

Hé,l'z) — C(l,z) K1(SH a)
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p=a
HE2 = Cl2K, (s p)expi(ot Thy2)
Eél’z) _ iE—HC(l'Z)Kl(SH p)exp i(ot F h,z)
08

E(D = LS_ZC(LZ)KO(SH p)expi(otFh,z),
0

here J,,(&) is the mth-order Bessel function of the first kind, K, (&) is the mth-order modified Bes-
sel function of the second kind, k, =m./eyu, is the wave number of free space, B, and s, are
transverse wave numbers referring to the composite and dielectric medium respectively

€
Bh =20k =1 =hy ), s =hy " —kge.
1

The longitudinal propagation constant hH of H-waves can be obtained from the dispersion equa-
tion

Snezdi(Brua)Ko(sya) +Buedo(Bra)Ki(sya) =0. (2)

The field components of the E- waves in the linear approximation can be written as
p<a
K, (sga) L
G2 _ plt2) Dabed) 4 expi(otFh.z
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0

H§1‘2) _ _;SE D(l'Z)KO(SEp) exp i(ot ¥ hg2),
0
here Bz and s¢ are given by
BE =S (5 e —x) —Ne®), sE =he” K.

Hq
The longitudinal propagation constant h. of E-waves can be found from following dispersion
equation
Sghsli (Bea)Ko(sga) +Pelo(Bea)Ky(sga) = 0. ©)

The investigation of the dispersion questions (2) and (3) have shown that
e inthe case p; =—py, 5 =—¢;, the composite cylinder can support H- and E- surface waves,

e inthe case p; =—W,, 5 =&, composite cylinder is able to support E- surface waves.
e inthecase p; =p,,€e3 =—¢;, composite cylinder can guide H- surface waves.

Nonlinear interaction of surface waves

The nonlinear interaction of the surface waves at the frequency o, = ®, = ®guided by the

cylinder and propagating in the opposite directions of the z axis (ﬁ1 = —ﬁz) may observe in the pres-
ence of the external time-harmonic magnetic field at the frequency 2. A three wave interaction
can occur if o, +®, =2w. To discuss the parametric instability of surface waves we start from the
Maxwell’s equations

- =(1.2)
rotH 2 = g ¢ i
ot
» L oH®?)
rotE 2 — —oft(Hgp) oy 4)

here H, is the amplitude of the external magnetic field. As it is known the external magnetic field

may influence on the material parameters of a composite medium. For the first approximation we
assume that the tensor of magnetic permeability can be written in the following form

w +oH, iy, 0

a(He) =| —iu, Hy+aH,g 0 , ®)
0 0 ts +oHg
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where o is the small parameter. Below we consider the case when the following relation takes

place |H1| = |H3| -
In the approximation of a week nonlinearity the Maxwell’s equations can be rewritten in the
form
- =(12)
rotH 2 = g 2 ok :
ot

o2 oF -2

rotE“?) = —153(0) —BoatH, (6)

The using the standard procedure [3] we can obtain the following equations for the amplitude of the
surface waves:

o 10 1% H (2"
A2 N Ao _ I(—HOGHO 0

H &2 270dp = o , AL H,,. 7
p Ufz ot N1,2 ) T pap 1,2A2,1 0 (7)

Here N, , are the norm of the surface wave and H?LZ) is the magnetic field of the surface waves in
the medium described by the transposed tensors, A; » is the amplitude either E-surface waves or H-
surface waves, v/, is the group velocity of the waves, o, , are the coefficients of the nonlinear in-

teraction.
The norm of the H-surface waves has the form

2
NL2 = 407 8 {Kf(sHa)(i—l]—
Ko g €
_2Kf<sHa)£ 1 Jy(Bua) 1 Ko(sHa)]+
a gy Ji(Bna) esy Ki(sya)
2 2
+Kf(SHa)(iJ%(BHa)_1 K5 (sua)
& J; (Bya) & Ki(sya)
The norm of the E-surface waves is given by

2
N é‘z =F2r hEka {K12 (SEa)(i —lj -
0 H

_2K12(SEa) 1 'Jo(:BEa)_iKo(SEa) +
a wPBe I, (Pea)  sg Ki(sga)

i‘JOZ(BEa)_ Kg(sEa) .

m I (Bea)  Ki(sga)

+ Kf(sEa)(

The group velocity can be written as

here functions V"€ are
Vi =& HeBr 1 (Br@)Ko(51a) —esy Jo (Br) Ky (s @) b

X {SlBH J1(Bra)Ko(sya) — sy (e _XZ)‘JO(BH a)K,(sy a)}il,
Ve = {M1BEJ1(BEa)KO(SEa) _SEJO(BEa)Kl(SEa)}X
1

X {HlBEJl(BEa)Ko(SEa) —Se (W _XZ)‘]O(BEa) Kl(sEa)}
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The coefficients of the nonlinear interaction o, , can be expressed as

12 inocuooaaz
oy =

K 2 i
N2 <1+M’igl) Jl((;:ai{a (Bna)+IZ(Bna) - poa o BH B

i a K?(sca 2h¢ _
oF = Jf-((sia;ﬂ ij(J () + 350} 3= 38 “DhPen |

For the homogeneous case ( ag = 0) the expression of instability increment of the surface waves of
z

H- and E- polarization is given in the form

_ * g g
Y12 = cY1,252,1U1,202,1|Ho|-

The parametric instability is observed if the following condition takes please 6, ,63 07,03, > 0.

Numerical results and discussion

We now present the numerical results for the instability increments of the surface waves per-
formed for medium parameters given in [1]: s =5, & =1, y =0.1. The numerical calculations per-

formed for the waves with the frequency =27 -10°s™. For this set of parameters and for the radi-
us of cylinder a=0.03m the values of longitudinal propagation constant h and transverse wave
numbers B of the surface mode with the least magnitude of p  are:
hy =3.12k,, s, =2.96k,, By =2.18k, (if py==xp, andeg=—¢;); hg =6.8k,, Sg =6.74k,,
Pe =6.44k, (if pg=—p,; and g5 =tg;).

Numerical calculation has shown, that for chosen set of parameters, the condition
01,05101,V3, > 0 takes please, and the parametric instability of surface waves can be observed.

Y
aH o
as function of mode number n are presented in Figs. 1, 2. We number the modes of a cylinder in the
order of an increase of their transverse wave number 8 starting with the minimum value of 3 and
using the numbers n=1,2,3.... Normalized instability increment v is presented for the anisotropic

cylinder with radiusa = 0.03m. Figs.1, 2 show the instability increment of axisymmetric E- and H-
surface waves with different number of modes n respectively.

The numerical results of normalized instability increment y = of the surface waves

~

A 7/E
03T
0.27
0171
1 2 3 4 56 n

Fig. 1. The instability increment of the E - surface waves versus n, a=0.03m

One can observe from Fig. 1, 2 that an increment y weekly depends on the mode number.

Fig. 3 shows the instability increment . of the first mode of surface waves as a function of
cylinder radius. The behavior of the instability increment y,, is similar to y. and we do not give it
here.
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Fig. 2 The instability increment of the H - surface waves versus n, a = 0.03m
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Fig. 3. The instability increment 7y of the surface waves with n=1 as versus cylinder radius a

One can see that increment y. decreases rather rapidly with an increasing the cylinder radius.

Conclusion

Thus, we consider the parametric instability of the surface waves guided by the composite
cylinder in the presence of time-harmonic external magnetic field. The instability growth rate
is analyzed. The results obtained can be useful for creating microwave devices made of composite
material.
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Subject: The study of parametric instability of electromagnetic surface waves guided by the composite cylinder sur-
rounded by uniform dielectric space is made. The composite medium inside the cylinder is described by permittivity
and permeability tensors with nonzero off-diagonal elements.

Method/approach: The dispersion characteristics of waves supported by the composite cylinder are analyzed. It was
shown that parametric instability of surface waves propagating in the opposite directions can arise in the presence of
time-harmonic external magnetic field aligned with the axis of the cylinder. The instability of waves can occur if the
space-time condition between the external field and guided waves is fulfilled. In the approximation of week nonlinearity
the equations for the amplitudes of the surface waves are derived.

Results: We consider the parametric instability of surface waves guided by bianisotropc cylinder in the presence of
external magnetic field. An expression of instability increment of guided waves has been obtained and analyzed as a
function of the cylinder parameters. For the some practically interesting cases numerical analyses have been performed.
Range of application: Over the past decade, there has been shown a substantial degree of interest in composite materi-
al. The composite material can be used for manufacturing of microwave waveguides, antenna systems, the structural
elements of microwave devices and so on. It should be taken into account that the instability of waves guided by the
boundary of the antenna structures can influence on the operating of antenna systems.

Key words: composite media, parametric instability, nonlinear interaction, instability increment.



